
Journal of Physics: Conference
Series

     

OPEN ACCESS

Hydrodynamics of the electroweak phase
transition in an extension of the Standard Model
with dimension-6 interactions
To cite this article: M Sopena and SJ Huber 2010 J. Phys.: Conf. Ser. 259 012048

 

View the article online for updates and enhancements.

You may also like
Quantum transport and electroweak
baryogenesis
T Konstandin

-

Andrei Sakharov’s research work and
modern physics
B L Altshuler

-

Scalar triplet leptogenesis in the presence
of right-handed neutrinos with S3
symmetry
Subhasmita Mishra and Anjan Giri

-

This content was downloaded from IP address 18.216.94.152 on 24/04/2024 at 04:04

https://doi.org/10.1088/1742-6596/259/1/012048
https://iopscience.iop.org/article/10.3367/UFNe.0183.201308a.0785
https://iopscience.iop.org/article/10.3367/UFNe.0183.201308a.0785
https://iopscience.iop.org/article/10.3367/UFNe.2021.02.038946
https://iopscience.iop.org/article/10.3367/UFNe.2021.02.038946
https://iopscience.iop.org/article/10.1088/1361-6471/ab7a86
https://iopscience.iop.org/article/10.1088/1361-6471/ab7a86
https://iopscience.iop.org/article/10.1088/1361-6471/ab7a86
https://iopscience.iop.org/article/10.1088/1361-6471/ab7a86
https://pagead2.googlesyndication.com/pcs/click?xai=AKAOjstJb5JgI4SCBx26iPbTnUk7FGDEc4Ee1Uc8g8z26uPPzIX6sXtqFA4jPMWuTaGVtySPD7xqffN8JCFczL7zDpKPGlXywQbT64SKvTKmsmU-hQjD1Gb3ZMpRB0xWYTAWzpWb_nwtQXBzWJGL8JzuFz0QrrSHtitex8DSp336A0TCiHcBJc7a87tndjePYI8_zPsiw7aUEgNyzZTZJRitbNrwM02EB_C17zoOnzeTagFR0Tqr6w7ivSJxcznNZlt7VSq09vbgnKt-jQEELMKzSZ7KxLKlMsfY6fFadxU1UraV6Qqaybs1iTWzjqOLc3INfBQYtCvuv92Lw3QP4YHR4pg&sig=Cg0ArKJSzD6YIHCTPLDg&fbs_aeid=%5Bgw_fbsaeid%5D&adurl=https://iopscience.iop.org/partner/ecs%3Futm_source%3DIOP%26utm_medium%3Ddigital%26utm_campaign%3DIOP_tia%26utm_id%3DIOP%2BTIA


Hydrodynamics of the electroweak phase transition

in an extension of the Standard Model with

dimension-6 interactions

M Sopena1, SJ Huber1, 2

1 Department of Physics and Astronomy, Sussex University, Brighton, East Sussex BN1 9QE,
UK

E-mail: m.sopena@sussex.ac.uk

Abstract. Extensions of the Standard Model are being considered as viable settings for a
first-order electroweak phase transition which would satisfy Sakharov’s three conditions for
the generation of the baryon asymmetry of the Universe. These extensions would provide a
sufficiently strong phase transition and remove the main obstacles which appear in the context
of the Standard Model: A far-too-high lower bound on the Higgs mass, immediate wipeout
of the newly-created baryon asymmetry and insufficient CP violation. We apply standard
semiclassical treatments of the hydrodynamics of a first-order phase transition to the case of
a recently-introduced dimension-6 extension of the Standard Model which (within the present
bounds on the Higgs mass) could produce the observed baryon asymmetry of the Universe. We
express the friction term in the hydrodynamic equations in terms of the particle content of the
model and produce predictions for the velocity of the expanding bubble wall in the stationary
regime.

1. Introduction

A 1st-order electroweak phase transition at the ∼ 100 GeV scale could satisfy Sakharov’s three
conditions for electroweak baryogenesis: Deviation from thermal equilibrium, CP violation,
and baryon number violation. In the Standard Model, B-violation proceeds through finite-
temperature ’sphaleron’ transitions in the presence of external W fields. These are Boltzmann-
suppressed and become relevant at T & 100 GeV, with ESph/T ∼ v/T , where v is the Higgs
VEV. In a first-order transition, bubbles of the new phase nucleate and grow, with B-violation
taking place outside the growing bubbles, in the symmetric phase, and the baryon asymmetry
then being transported across the bubble wall into the new phase where it must survive washout.
However we now know that within the Standard Model the washout-preventing condition
v/T > 1 is extremely hard to satisfy, not to mention that the electroweak phase transition
is not even first-order for mh & 75 GeV [1]. This is the origin of the current interest in
extended settings (including supersymmetry) in which a first-order electroweak phase transition
which avoided washout of the newly-created baryon asymmetry could take place within existing
experimental bounds. Such a setting could even be constrained through signatures detectable in
the near future, for instance at the LHC or through measurements of an electric dipole moment
for the neutron.
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We present the results of applying the usual WKB-approximation hydrodynamic analysis to
one such (non-supersymmetric) extension of the Standard Model analysed in [2]. The model
features dimension-6 interactions regulated by a cut-off scale M . The model is fully parametrised
by M and the Higgs mass mh and provides a broad enough region in parameter space where a
baryon-asymmetry-preserving, first-order phase transition may take place.

2. The dimension-6 potential

The finite-temperature effective potential for the dimension-6 model is written as [2]
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where Q ≡ mtop = 178GeV , cF ≈ 13.94, and µ and λ are determined via the conditions

∂V (φ, 0)

∂φ
|φ=v0 = 0,

∂2V (φ, 0)

∂φ2
|φ=v0 = m2

h (2)

where v0 = 246 GeV. Dimension-6 non-renormalisable operators can parametrise the effects of
new physics beyond the cut-off M . In order for these to be relevant at the weak scale we require
M . 1 TeV.

3. Nucleation temperature. The hydrodynamic equations.

For a first-order transition to take place, the expansion of the effective potential at the relevant
temperature scale, which has a global minimum at zero Higgs VEV, must develop a second local
minimum at a nonzero VEV as T decreases (see eg [3]). As T decreases further the value of V at
the second minimum approaches the value at zero until both become degenerate at the so-called
critical temperature. For T < Tc nucleation of bubbles of the broken symmetry phase becomes
possible. As T falls further below Tc, production of bubbles of the broken symmetry phase
accelerates and existing bubbles grow, eventually filling all space. The nucleation temperature

Tn < Tc is that at which the integrated probability of bubble nucleation in the horizon volume
reaches unity,

P (T = Tn) =

∫ Tc

Tn

dP =

∫ Tc

Tn

(Γ/Vol) · VH · dt =

∫ Tc

Tn

T 4

H4
e−Fc/T dT

T
= 1 (3)

where we have taken Γ/Vol = Λ4(T )e−Fc/T ≈ T 4e−Fc/T , Fc being the free energy of the
critical bubble (large enough to spontaneously grow) at the temperature T .

The phase transition ends when the fraction of the horizon volume taken over by the new
phase becomes one.

The usual treatment of the hydrodynamical problem models the early Universe plasma as a
perfect relativistic fluid with a conserved energy-momentum tensor,
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∂µT µν = ∂µ(T µν
field + T µν

fluid) =

= ∂µ

(

∂µφ∂νφ − gµν(
1

2
∂αφ∂αφ) +

+(ρ + P )uµuν − Pgµν
)

= 0 (4)

which, applying the relevant thermodynamic relations and introducing a friction term [4],
results, in the rest frame of the advancing bubble wall, working in a single spatial dimension
(perpendicular to the planar wall, along the direction of advance), and assuming a stationary
situation, in the system

d2φ(x)

dx2
=

∂V (φ, T )

∂φ
+ η

φ2

Ts1
vγ

dφ(x)

dx
(5)

(4aT 4 − T
∂V (φ, T )
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)γ2v = C1 (6)
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)γ2v2 + Pr − V (φ, T ) +

1

2
(
dφ

dx
)2 = C2 (7)

where v (the fluid velocity), T and the Higgs VEV φ depend exclusively on the spatial coordinate
and γ is the usual relativistic factor (1 − v2)−1/2. η is our friction parameter and Ts1 the
plasma temperature in the symmetric phase ahead of the wall. We solve this system with
vanishing φ derivative at both extremes of the integration interval and vanishing Higgs VEV at
the extreme in the symmetric phase and we obtain the shape of the wall (fig 1). Solutions to the
hydrodynamic equations are usually described as either subsonic (deflagration) or supersonic

(detonation) relative to the velocity of sound in the plasma [4] [5] [6]. Subsonic solutions are
preceded by a shock front which heats up and accelerates the plasma at rest. A supersonic wall is
followed by a rarefaction wave which brings the plasma back to rest. Stationary solutions of the
hydrodynamic equations are similarity solutions, maintaining their shape as the bubble grows.
For a deflagration we calculate the whole bubble profile by solving the conservation equation in
spherical coordinates in the region between the bubble wall and the shock front [6] and the leap
in v, T across the shock front [4]. The results of the calculation for a choice of model parameters
is shown in figure 2.

4. The friction parameter

The friction term introduced in a phenomenological way above can be calculated explicitly from
the particle populations in the plasma [7]. The equation of motion for the Higgs field can be
written covariantly as

�φ +
∂Veff (φ, T )

∂φ
+ Σ

dm2

dφ

∫

d3p

(2π)32E
δf(p, x) = 0 (8)

with the mass dependence on the Higgs VEV m2 = y2φ2

2 for fermions, m2 = g2φ2

4 for bosons, and
δf expressing the deviation from equilibrium of particle populations responsible for the friction
(the sum is over all relevant species). In the WKB approximation distributions evolve following
a Boltzmann equation

df

dt
= ∂tf + ~̇x · ∂~xf + ~̇p · ∂~pf = −C[f ] (9)
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Figure 1. Higgs VEV, fluid velocity and temperature profiles across a subsonic bubble wall
in the case M = 800, mh = 115, η = 0.398. Quantities are in the rest frame of the wall. The
symmetric phase is to the left [9].
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Figure 2. Wall velocity vs temperature of the universe for values of the friction coefficient η
0.3 (blue), 0,4 (green) and 0.5 (yellow), M = 800 GeV, mh = 120 GeV. The horizontal dotted
line marks the speed of sound in the plasma. The continuous lines below are subsonic solutions.
For comparison, dotted lines to the right of them mark solutions found when neglecting the
sphericity of the bubble. The horizontal error bars mark the point where the stability criterium
for subsonic solutions [8] changes sign (the stable region lies to the right of the error bars). The
crosses above the velocity of sound mark two branches of supersonic solutions, the lower one
being unphysical [5]. The two vertical lines mark the nucleation and finalisation temperatures
for the phase transition for this choice of parameters. In this example and for these values of η
stationary supersonic solutions would be excluded for the duration of the phase transition [9].
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Table 1. Fitted ηs and velocities for different values of M for two slices at mh = 115, 150 GeV
[9].

mh M Tn ξ = φ0/Tn η vw

115 900 115.92 1.26 0.477 0.34
800 105.49 1.74 0.398 0.38
700 88.86 2.47 0.305 0.45
650 75.10 3.14 0.240 0.53
630 67.00 3.56 0.207 ?
610 54.70 4.44 0.153 0.74
600 45.65 5.35 0.110 0.83

150 700 144.64 0.92 0.539 0.35
650 136.62 1.19 0.490 0.36
600 126.46 1.48 0.438 0.39
550 112.71 1.87 0.380 0.43
500 91.61 2.53 0.298 0.50

Following [7] we adopt the relaxation time approximation to the collision integral C[f ] = − δf
τ .

In this way we can reexpress δf and write the friction term (for one particle species) as

φ2φ′τβγv

∫

d3p

(2π)34E2

eβγ(E−vpz)

(eβγ(E−vpz) ± 1)2
(10)

The sum of these contributions is equivalent to η
T φ2φ′γv (the equilibrium distribution for

fermions/bosons boosted to a frame moving with velocity v in the z direction is f0 = 1
eβγ(E−vPz)±1

with β = 1
T , γ = 1√

1−v2
). In this way we can calculate the friction parameter (and thus the

wall velocity) for any Standard Model-like situation as a function of the strength of the phase

transition given by ξn ≡ φ0

Tn
(here φ0 is the Higgs VEV in the broken symmetry phase). The

relevant prefactors to the momentum integral can be calibrated by reproducing the Standard
Model wall velocities in [7].

Proceeding in an iterative fashion for each choice of model parameters we arrive at the
results in table 1. Hydrodynamic equations become increasingly hard to solve numerically for
wall velocities close to the speed of sound, as in the case mh = 115 GeV, M = 630 GeV. The
slice mh = 115 features a jump for a strength of the phase transition ξ ∼ 3.5 from subsonic
solutions (usually assumed in standard baryogenesis scenarios) to supersonic ones (the standard
assumption for production of gravitational waves).

In summary, we apply standard hydrodynamic treatments to the electoweak phase transition
in an extension of the Standard Model with dimension-6 interactions. We calculate the friction
coefficient in the hydrodynamic equations as a function of the particle content of the cosmic
fluid and produce predictions for the bubble wall velocity for a range of model parameters.
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